1. The associative case. Let R be an arbitrary nonassociative ring.
The nucleus N(R) of R is defined by:
N(R) a [x e R\(x, y, z) a (y, z, x) = (y, x, z) = 0 Vy, z e R}.
It is well known [9, p. 13] that N(R) is an associative subring of R.
A ring R is said to have a Peirce decomposition relative to the idempotent e e R if R can be decomposed into a direct sum of the Z modules 7?.. (z, /' = 0, 1) where R¿. = \x e R\xe = fx and ex = z'xj. It is known that if 7? is an associative ring and if e is an idempotent in R then 7? has a Peirce decomposition relative to e. Also, if R has an identity element 1 and if we write e = e and e Q = 1 -e then 7? .. = e . Re . [3] . Proof. Let R be a prime nuclear ring with e 4 0, 1 an idempotent of R.
By Lemma 1 we have a decomposition 7? = ©7?.., t, 7 = 0, 1, relative to e with 7?..7?,,C 8.,R... Therefore if i 4 f then R2.= 0. Thus, for i4 j,
a., a 0 so that e + a.. is an idempotent of 7?. Since R is nuclear e + a. £ . To obtain (c) first note that if x e R such that xe = sx for some s e Z (ex = tx for some t £ Z) then s = 0 or s = 1 (t = 0 or t = 1).
Now in (1) and (2) 
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Conversely, if R has a Peirce decomposition relative to c satisfying (a)-(d) then it is straightforward, using the linearity of the associator, to
show that O, e, x)= 0 and (x, e, y) = (y, x, e) = (e, y, x) for arbitrary x, y in R. Thus, e e NA(R).
We call a ring R an A-nuclear ring if R contains an idempotent e 4 0, 1
and if every idempotent of R lies in NA(R).
Henceforth, assume that R is an A-nuclear ring, e an idempotent of R, and R = Rii + R,o+R01 + R00 tne Peirce decomposition relative to e.
Lemma 3. The set B = R R Q + R + R Q + R0.R.Q is an ideal of R. Proof. We prove the lemma for IL and note that the same proof applies for 77n. Clearly Í7. is an abelian group under addition. Let u e U.f a eRj. + R. , and r £ R. Without loss of generality we may assume that r £ Rjj. Also a e NA(R). Therefore (ur)a = u(ra) -(u, a, r). Now ra e RjQ and ar £ Rnj. Therefore u(ra) = 0 = u(ar). Hence (ur)a = 0. Similarly a(ur) = (au)r + (u, a, r) so that a(ur) = 0. Therefore ur e IL. In the same vein ru £ Uy Thus i/j is an ideal of R. (ii) (a) xy2(y.z.)= (x1Ay.)z.+ (x^zjy., i= 0, 1. (3) and (4) hold. Similarly, we have ticular, if a = e, y £ R and we allow this to act on z £ R we get yze(yz) a zy -(zy)e or yz -zy = e(yz)-(zy)e. Add and subtract e(zy) to the right side of this equation to get yz -zy = e(yz) + e(zy) -zy. Therefore yz = e'yz) + e(zy). The second half of (3 ) follows in a similar manner.
For the first half of (4*) let E = l, F = r, a = e, x £ Rj, and z £ R,î 
